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Koç University

Alptekin Küpçü
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Abstract

Use of game theory and mechanism design in cloud security is a well-studied topic. When
applicable, it has the advantages of being efficient and simple compared to cryptography
alone. Most analyses consider two-party settings, or multi-party settings where coalitions
are not allowed. However, many cloud security problems that we face are in the multi-
party setting and the involved parties can almost freely collaborate with each other. To
formalize the study of disincentivizing coalitions from deviating strategies, a well-known def-
inition named k-resiliency has been proposed by Abraham et al. (ACM PODC ’06). Since
its proposal, k-resiliency and related definitions are used extensively for mechanism design.
However, in this work we observe the shortcoming of k-resiliency. That is, although this
definition is secure, it is too strict to use for many cases and rule out secure mechanisms as
insecure. To overcome this issue, we propose a new definition named `-repellence against
the presence of a single coalition to replace k-resiliency. Our definition incorporates transfer-
able utility in game theory as it is realistic in many distributed and multi-party computing
settings. We also propose m-stability definition against the presence of multiple coalitions,
which is inspired by threshold security in cryptography. We then show the advantages of our
novel definitions on three mechanisms, none of which were previously analyzed against coali-
tions: incentivized cloud computation, forwarding data packages in ad hoc networks, and
connectivity in ad hoc networks. Regarding the former, our concepts improve the proposal
by Küpçü (IEEE TDSC ’17), by ensuring a coalition-proof mechanism.

Keywords: threshold security, cooperative game theory, outsourced computing, ad hoc net-
works

1 Introduction

Game theory has been applied to many areas including social sciences, economics, biology,
law, and cloud security. Regarding the latter, application of game theory has been shown
rather useful. This is because it usually leads to more efficient solutions for problems for which
impractical protocols have been proposed [1].

Unlike cryptographic protocols, game theory based solutions depend more on the rationality
of the involved parties [2]. It can be seen that in many computer and network security situations,
one may assume that malicious actions will not be taken, if they harm the one who takes them.
Therefore, one may reduce the threats that she will countermeasure against to those that are
beneficial to the attacker. This is especially true for cloud security, as cloud companies usually
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care about their reputation, which directly affects their income, and hence are likely to act
rationally rather than directly maliciously.

Game theory has a large application area in security, including incentivized outsourced cloud
computing [3, 4, 5, 6], distributed systems and consensus protocols [7, 8, 9, 10], network security
and routing [11, 12], vehicular networks [13], distributed file sharing [14]. Most of these works
either consider simple two-party settings, or multi-party settings where coalitions are not allowed.
However, especially in online settings, coalitions may be a more prominent issue, as it is hard to
disincentivize each party by reputation loss, and sometimes the use of public mechanisms such
as the blockchain directly enables coalitions (knowingly or unknowingly) [6]. As formalization of
the studies against coalitions with up to k parties, k-resiliency definition [7] has been influential.
The authors also proposed its extension as (k, t)-robustness to cover malicious players. These
definitions have been used by several works, including [15, 8, 16, 17]. However, a closer look on
these definitions reveals that they have some shortcomings: (i) they are too strict for practice,
and mark some secure mechanisms as insecure, (ii) they are not designed against the presence
of multiple coalitions. These observations led us to further investigate k-resiliency and (k, t)-
robustness definitions to provide improved and practical definitions taking into account potential
multiple coalitions’ coexistence in the system. We list the main contributions of this paper as
follows:

• To resolve the issue (i) with k-resiliency and (k, t)-robustness definitions, we propose `-
repellence against the presence of a single coalition (replacing k-resiliency). If addition-
ally there are arbitrarily deviating players, our proposed (`, t)-resistance replaces (k, t)-
robustness. Our definitions incorporate transferable utility assumption in game theory, as
it is realistic in many distributed and multi-party computing settings.

• To cope with the issue (ii), we propose m-stability definition against the presence of mul-
tiple coalitions. Inspired by threshold security in cryptography [18, 19], our m-stability
definition protects the system against deviation of any number of rational coalitions as
long as none of them has more than m members. Note that this is novel, as previous
definitions considered only a single deviating coalition existing in the system.

• On three already existing mechanisms, one for incentivized cloud computing, one for for-
warding data packages in ad hoc networks, and one for connectivity in ad hoc networks, we
separately show applicability and advantage of our novel definitions. We note that none
of these works has been analyzed against coalitions previously.

• Regarding incentivized cloud computing, our definitions improve the multi-party mecha-
nism of [4] by fine tuning parameter selection to achieve security against large coalitions
of size up to one less than all the contractors involved. More concretely, we set tighter
relative bounds for rewards and bounties given to the contractors.

2 Related Work

Mechanism Design. The use of mechanism design in distributed systems and multi-party
computation is an extensively studied subject with some notable works including [20, 21, 7, 3,
22, 23, 8, 24, 4]. There are some proposed models such as the Byzantine (B), altruistic (A),
rational (R) or BAR model [25, 26], type model [27], and the rational protocol design (RPD)
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framework [28]. In this work, for simplicity, we model the parties as BAR model (without
altruistic players) rather than the type model. We do not utilize RPD framework, as we are
interested in internal deviations of the participants, instead of an outlier adversary taking control
of the protocol participants.

Security against Coalitions. For coalition-proofness in the realm of distributed sys-
tems and multi-party computation, conventionally k-resiliency and its extended version (k, t)-
robustness in presence of Byzantine parties [7] are used. A line of works [15, 8, 16, 17] confronts
to satisfy this definition. There also exist models as in [26, 29] based on simpler coalitional
abilities such as “cheap talk” [30]. In this work, we propose `-repellence, (`, t)-resistance, and
m-stability definitions as more flexible proof definitions, instead of the conventional k-resiliency
and the related (k, t)-robustness [7] definitions.

Cryptocurrencies and Smart Contracts. Thanks to the inspiration by Bitcoin [31],
many cryptocurrencies (e.g., Ethereum [32], Litecoin [33]) based on blockchain have been pro-
posed and gone alive. There exist various consensus methods that are used for blockchain
security (e.g., proof of work [34], proof of stake [35], proof of validation [36], or Byzantine fault
tolerance [37, 38]). Moreover, there exist other decentralization techniques in cryptocurrencies,
such as, IOTA [39] using “The Tangle” where the data is kept as a directed acyclic graph,
Phantom [40] and Spectre [41] where the data is kept as a directed acyclic graph of blocks
“blockDAG”.

A smart contract is utilized for establishing binding contracts in cryptocurrency environ-
ments. It is publicly executed by the underlying consensus protocol. First, it collects the
submitted transactions to the network and then appends them to the blockchain. We assume
SC as a trusted third party (TTP) just as in other smart contract based protocols [10, 42, 5, 6].
We note that in Ethereum any Turing machine can be run as smart contract as long as the
generator pays the price per instruction as ”gas” [43]. However, in Bitcoin, the programming
language for SC generation is not Turing complete, and not all computer programs can be run
[44]. We refer to [43, 44, 45] for further investigation of smart contracts.

3 Background on Game Theory and Mechanism Design

An n-player game can be defined by a set of players N = (P1, . . . , Pn), the mi possible actions
Ai = (A1

i , . . . , A
mi
i ) of each player i ∈ N and a utility function Ui of each player i ∈ N which

assigns a real-value for each possible action vector A that specifies one action for every player
in the game. The goal of each player is to maximize her utility. A strategy si of player i is
a probability distribution over the possible actions of the player i. We denote by si(a) the
probability the strategy si assigns to the action a. Note that mechanisms are designed to
incentivize each player to play a particular strategy. In these mechanisms, a specific action can
also be referred to as a strategy. Moreover, we denote by sD = (sPa , . . . , sPb

) a strategy profile
(an ordered set) comprising the strategies of all the players in the set D = (Pa, . . . , Pb). We
highlight that in many games, some of the strategies that can be chosen by separate players are
named the same for simplicity, but as their players are different, they are different and still can
be combined in a set as separate elements. Further, we denote by s−i = s − (si) the strategy
profile of all the players excluding the player i. Similarly, s−D denotes the strategy profile of all
the players in a game that are not in D. Given a strategy profile sN , we denote by Ui(sN ) the
expected utility of the player i, if the players in the game play the strategy profile sN .
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Nash Equilibrium. Game theory provides various tools for predicting the outcomes of a
game, among which the most commonly used one is the Nash equilibrium which is defined as
follows:

Definition 1 (Nash Equilibrium). For any game with the set N of players, a strategy set
sN = (sP1 , . . . , sPn) is a Nash equilibrium if ∀i ∈ N ∀s′i 6= si Ui(sN ) ≥ Ui(s′i ∪ s−i).

Weakly Dominant Strategy. Another useful notion in the analysis of the games is weakly
dominant strategy, which is defined for a player as follows:

Definition 2 (Weakly Dominant Strategy of a Player). A strategy si of a player i is its weakly
dominant strategy if for all strategies s′i 6= si of i and for all strategy profiles s′−i of players other
than i, Ui(si ∪ s′−i) ≥ Ui(s′i ∪ s′−i).

Unlike a Nash equilibrium, a weakly dominant strategy may not always exist in a game. Yet,
a strategy set sN = (sP1 , . . . , sPn) where each si is the weakly dominant strategy of i is a Nash
equilibrium, in which case it can be referred to as weakly dominant strategy equilibrium. The
definition of weakly dominant strategy of a coalition follows the definition of coalition utility
below.

Transferable Utility. In many games involving cooperations, it would be safe to assume
that players can engage in binding agreements for how to share the outcome of a game. In
particular, if there exists an available currency to the participants, and this currency is valued
equally among them, then this assumption becomes more realistic. We stress that due to the
increasing use of cryptocurrencies along with smart contracts, nowadays this assumption is
realistic in many problems arising in the realm of computer science. The conventional name
given to this assumption is transferable utility assumption [46]. This simplifies the analysis by
permitting to define a single utility for a coalition as a whole, and by abstracting out how this
utility is shared among the participants internally. The utility of a coalition is defined as follows:

Definition 3 (Coalition Utility). Let s be a strategy set for a game Π played by the players in
a mechanism. Then, the utility UC(s) of a coalition C is defined as UC(s) =

∑
i∈C Ui(s).

Weakly dominant strategy of a coalition is defined similar to that of a player as below:

Definition 4 (Weakly Dominant Strategy of a Coalition). A strategy profile sC of a coalition
C is its weakly dominant strategy if for all strategy profiles s′C 6= sC of C and for all strategy
profiles s′−C of the players outside C, the following holds: UC(sC ∪ s′−C) ≥ Ui(s′C ∪ s′−C).

We stress that the transferable utility assumption is also useful in cases where a rational
adversarial party joins a protocol with multiple identities, e.g., as in Sybil attack in peer-to-peer
systems [47].

Mechanism Design. Mechanism Design (ME) can be considered as an application of game
theory to achieve a goal by incentivizing the rational players for a particular strategy set sN ,
where N is the set of all players. Given some desired functionality F , we say that (Π, sN ) is a
mechanism for F if the outcome of (Π, sN ) satisfies F and the players are incentivized to play
sN .

BAR Model. First, proposed by [25], Byzantine (B), altruistic (A), and rational (R) model
(or BAR model) is the commonly used model in mechanism design for distributed systems. The
model defines three types of players: the Byzantine ones (i.e., the ones that can choose any
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possible strategy, no matter what their utilities are), the altruistic ones (i.e., the ones that
always choose the honest strategy, no matter what their utilities are), and the rational ones
(i.e., the ones that always choose the strategy that maximizes their utilities). The model itself
does not provide a distribution for these types of players in a given game, but rather is useful
for asserting and proving statements such as a desirable functionality can be achieved as long
as the number of rational and or Byzantine players are below certain bounds.

k-Resiliency. [7] proposes the k-resilient, t-immune, and (k, t)-robust mechanism definitions
to protect the mechanism outcome against coalitions and Byzantine players as follows:

Definition 5 (k-Resilient Mechanism). Given a player set C ⊆ N , sC is a group best response
for C to s−C , if for all strategies s′C played by C and ∀i ∈ C, we have Ui(sC∪s−C) ≥ Ui(s′C∪s−C).
A joint strategy sN is a k-resilient equilibrium, if ∀C ⊆ N with |C| ≤ k, sC is a group best
response for C to s−C , where sN = sC ∪ s−C . Given some desired functionality F , we say that
(Π, sN ) is a k-resilient mechanism for F , if sN is a k-resilient equilibrium of Π and the outcome
of (Π, sN ) satisfies F .

Definition 6 (t-Immune Mechanism). A joint strategy sN is a t-immune equilibrium, if ∀T ⊆ N
with |T | ≤ t, for all strategies s′T played by the players in T , and ∀i /∈ T , we have Ui(s

′
T ∪s−T ) ≥

Ui(sN ), where sN = sT ∪ s−T . Given some desired functionality F , we say that (Π, sN ) is a
t-immune mechanism for F , if sN is a t-resilient equilibrium of Π and the outcome of (Π, sN )
satisfies F .

Definition 7 ((k, t)-Robust Mechanism). A joint strategy sN is a (k, t)-robust equilibrium, if
∀C, T ⊆ N s.t. C ∩ T = ∅, |C| ≤ k, and |T | ≤ t, for all strategies s′T played by the players in T ,
and for all strategies s′C played by C, and ∀i ∈ C, we have Ui(s−T ∪s′T ) ≥ Ui(s−(C∪T )∪s′C ∪s′T ),
where sN = sC ∪ sT ∪ s−(C∪T ). Given some desired functionality F , we say that (Π, sN ) is
a (k, t)-robust mechanism for F , if sN is a (k, t)-robust equilibrium of Π and the outcome of
(Π, sN ) satisfies F .

4 Shortcomings of Existing Definitions

In this section, we show some limitations of the existing k-resiliency and (k, t)-robustness def-
initions for security against coalitions. That is, we provide some example hypothetical games
where these definitions indeed fail to satisfy expectations by making it too hard to satisfy (i.e.,
resulting unnecessary hardness in practice). Also, we elaborate on the limitations of some well-
known notions from cooperative game theory for use in security, i.e., they fail to capture coalition
strategies well enough (i.e., resulting in security breaches). None of the games provided in this
section has been deduced from any specific known game, instead, we have composed them to
clarify our argument. Yet, due to the simplicity of these games, they are likely to appear in
mechanisms from real life or literature. We show the drawbacks of k-resiliency with existing
mechanisms from computer science literature in Section 6.

k-Resiliency is too Strict. Suppose that one needs a mechanism played by a player set N
with a desired strategy set sN . The mechanism has already shown to be Nash equilibrium. Yet,
it is needed to be stable against potential coalitions of any 2 players. W.l.o.g., we are interested
in the coalition strategies of two particular players, named Alice and Bob. Assuming all the
other players play the honest strategy s−(A∪B), Table 1 shows the utilities (uA, uB) of Alice and
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Alice \ Bob sB s′B
sA (5, 5) (7, 2)

s′A (2, 7) (4, 4)

Table (1) The utilities (uA, uB) of Alice and Bob from honest strategies sA and sB, and deviant
strategies s′A and s′B.

Bob from honest strategies sA and sB, and deviant strategies s′A and s′B, respectively. Notice
that the weakly dominant strategies of Alice and Bob are (sA, sB).

According to the k-resiliency definition given in Definition 5, this mechanism is not even 2-
resilient as there exists a coalition C = (Alice,Bob), with at least one deviant coalition strategy
s′C such that at least one member of the coalition has a greater utility than the one obtained from
(sA, sB). In fact, there exist two such strategies (sA, s

′
B) and (s′A, sB). That is, compared to

the honest strategy, the former delivers greater utility for Alice, and the latter is more beneficial
to Bob. However, assuming both Alice and Bob are in the coalition for rational purposes,
neither Alice would play sA, nor Bob would play sB, as otherwise their utilities would decrease.
Therefore, there exist games where k-resiliency is too strict to achieve, yet still secure against a
coalition based on individual rationality assumption.

The Definitions from Cooperative Game Theory are too Gentle. The cooperative
game theory and mechanism design overcomes this issue by notions such as “strong Nash equi-
librium” [48] and “coalition-proof Nash equilibrium” [49]. These notions are based on Pareto-
optimality, i.e., for their satisfaction there should not be any coalition C with a strategy s′C
that delivers at least the same utility as sC to each player in C and greater utility than sC to
at least one player in C. We could corporate a definition based on these, but we identify the
following issue. Let us change the utility matrix of Alice and Bob in the above mentioned game
as in Table 2, assuming all the other parameters are kept unchanged. Notice that the weakly
dominant strategies of Alice and Bob are still (sA, sB).

Alice � Bob sB s′B
sA (5, 5) (10, 2)

s′A (2, 7) (4, 4)

Table (2) The utilities (uA, uB) of Alice and Bob from honest strategies sA and sB, and deviant
strategies s′A and s′B.

The problem with this mechanism is that Alice can offer his coalition partner Bob a transfer
of value 4 from his account to hers, if he plays s′B. Then, she would play sA and their utility
would become (6, 6), which beats the utility (5, 5) from the honest strategy. Unfortunately, due
to the following reasons, this example issue is significant for mechanism design for multi-party
protocols and distributed systems. First, with advent and prevalence of cryptocurrencies, the
smart contract schemes that can enforce such binding agreements are now available to anyone
who can connect to internet. Second, many of the arising problems involve utilities strictly built
upon costs, fines, rewards, etc., which can be easily converted to monetary utilities.

This issue is named transferable utility and handled with the notion “core property” [50] in
cooperative game theory. Essentially, a strategy set has core property if no coalition can have
a greater total utility from another strategy. Our definitions combine this idea with threshold
security [18, 19] idea as in k-resiliency, and improve upon it by including Byzantine parties that
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can arbitrarily deviate.

5 Our Security Definitions Against Coalitions

In this section, we propose our definitions to replace k-resiliency and (k, t)-robustness, due to
the shortcomings of them mentioned in Section 4.

5.1 Security Definitions Against a Single Coalition

First we provide `-repellent mechanism definition, as a direct replacement of k-resiliency.

Definition 8 (`-Repellent Mechanism). Given a player set C ⊆ N , sC is a best collective
response for C to s−C , if for all strategies s′C played by C, we have UC(sC∪s−C) ≥ UC(s′C∪s−C).
A joint strategy sN is an `-repellent equilibrium, if ∀C ⊆ N with |C| ≤ `, sC is a best collective
response for C to s−C , where sN = sC ∪ s−C . Given some desired functionality F , we say
that (Π, sN ) is an `-repellent mechanism for F , if sN is an `-repellent equilibrium of Π and the
outcome of (Π, sN ) satisfies F .

In line with the previous (k, t)-robustness definition, we also provide (`, t)-resistant mecha-
nism definition to comprise cases where a collaboration of a set of players and a set of arbitrarily
acting players coexist. The following definition is expected to be used in mechanism design
instead of (k, t)-robustness.

Definition 9 ((`, t)-Resistant Mechanism). A joint strategy sN is an (`, t)-resistant equilibrium,
if ∀C, T ⊆ N s.t. C ∩ T = ∅, |C| ≤ `, and |T | ≤ t, for all strategies s′T played by the players
in T , and for all strategies s′C played by C, we have UC(s−T ∪ s′T ) ≥ UC(s−(C∪T ) ∪ s′C ∪ s′T ),
where sN = sC ∪ sT ∪ s−(C∪T ). Given some desired functionality F , we say that (Π, sN ) is an
(`, t)-resistant mechanism for F , if sN is an (`, t)-resistant equilibrium of Π and the outcome of
(Π, sN ) satisfies F .

5.2 Extension Against Multiple Coalitions

We extend our `-repellence and (`, t)-resistance definitions for systems where multiple coalitions
can form. The extension that we provide here is inspired by threshold cryptography, and allows
coalitions up to certain thresholds.

Definition 10 (m-Stable Mechanism). A joint strategy sN is an m-stable equilibrium, if for all
natural numbers p ≤ |N | and for all coalitions C1, ..., Cp satisfying following conditions:

• 1 ≤ |C1|, . . . , |Cp| ≤ m,

• C1 ∪ . . . ∪ Cp = N ,

• ∀i, j ∈ (1, . . . , p) s.t. i 6= j, Ci ∩ Cj = ∅;

we have that for each i = 1, ..., p, the strategy sCi is weakly dominant for the coalition Ci and
that sC1∪ . . .∪sCp = sN . Given some desired functionality F , we say that (Π, sN ) is an m-stable
mechanism for F , if sN is an m-stable equilibrium of Π and the outcome of (Π, sN ) satisfies F .
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We stress that m-stability implies m-repellence. This follows from that in an m-stable
mechanism, for any coalition of size up to m the honest strategy is the weakly dominant strategy.
As a consequence, if a coalition in this size range deviates from the honest strategy, it ends up
with a utility that is less or equal.

In some sense, one may consider `-repellence as similar to Nash equilibrium, and m-stability
as similar to weakly dominant strategy equilibrium. `-repellence disincentivizes a rational coali-
tion, only in case the coalition believes that all other parties will play the honest strategy.
m-stability, on the other hand, further disincentivizes a coalition from deviating, in case the
coalition knows some other deviating coalitions. Even if the coalition anticipates that other
players may make honest mistakes (e.g., due to miscalculation) in choosing or playing their
strategies, the coalition is still incentivized for honesty. This is why `-repellence does not imply
`-stability.

Remark 1. m-stability necessitates each strategy si to be the weakly dominant strategy for Ci,
i.e., no matter what all other coalitions or players choose, Ci is always better by choosing si.
Therefore, unlike extension of `-repellence to (`, t)-resistance, an extended definition for involving
Byzantine parties in m-stability is redundant. Recall that t-immunity prevents any harm from
arbitrarily deviating parties to players of the honest strategy, hence it may still be separately
used.

5.3 Comparison to Previous Definitions

Although compared to k-resiliency definition (i.e., Definition 5) `-repellence is weaker, it is
sufficient in cases where the players are rational in choosing to be part of a coalition. We
consider that this is a reasonable assumption in many systems where mechanism design ideas
are applied, as the main target of these systems is to enforce the rational players towards the
system goal.

As long as `-repellence definition is satisfied in a mechanism, no matter the utility distribution
among the coalition players is, either all of them obtain the same utility from a deviant strategy
as the one from desired strategy or at least one player obtains less utility. Regarding the former
case, k-resiliency also does not provide any protection as well. Regarding the latter case, `-
repellence unavoidably entails that particular player not to obey the coalition strategy, which
provides enough protection for the mechanism’s desired functionality.

We emphasize that k-resiliency and (k, t)-robustness imply k-repellence and (k, t)-resistance,
respectively. The proofs of these statements are intuitive, hence we will not provide them here.
However, the converses of these statements are not true.

We acknowledge that we are unable to detect trivial implications between t-immunity and
our definitions, hence one may need to prove a mechanism separately for them. The only trivial
implication is for zero-sum mechanisms given as follows:

Theorem 1. If (Π, sN ) is a zero-sum t-immune mechanism, then it is also a t-repellent mech-
anism.

Proof. Assume that (Π, sN ) is a zero-sum t-immune mechanism. Also, assume that (Π, sN ) is
not a t-repellent mechanism. Then, there exists a player set T with some strategy profile s′T
s.t. |T | ≤ t and UT (s′T ∪ s−T ) > UT (sN ). Due to zero-sum property, this results in less total
utility for players that are not in T . Therefore, there exists a player i that is not in T , for which
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Ui(s
′
T ∪ s−T ) < Ui(sN ). This means (Π, sN ) is not a zero-sum t-immune mechanism, which

contradicts the assumption in the beginning of this proof.

Regarding m-stability, we have the following implications for (`, t)-resistance. Note that as
above mentioned, m-stability trivially implies m-repellence.

Lemma 1. If (Π, sN ) is an m-stable mechanism, then it is a (m, |N |−m)-resistant mechanism.

Proof. Assume that (Π, sN ) is an m-stable mechanism. Also, assume that it is not an (m, |N |−
m)-resistant mechanism. Then, there exist sets C, T ⊆ N such that C ∩ T = ∅, |C| ≤ m,
|T | ≤ |N | −m, UC(s′C ∪ s′T ∪ s−(C∪T )) > UC(s′T ∪ s−T ). Therefore, sC ⊆ sN is not a weakly
dominant strategy for C. This means (Π, sN ) is not an m-stable mechanism, which contradicts
the assumption in the beginning of this proof.

Theorem 2. If (Π, sN ) is an m-stable mechanism, then ∀` ≤ m it is an (`, |N | − `)-resistant
mechanism.

Proof. Assume that (Π, sN ) is an m-stable mechanism. Also, assume that ∃` ≤ m s.t. it is not
an (`, |N | − `)-resistant mechanism. Then by Lemma 1, (Π, sN ) is not an `-stable mechanism.
As ` ≤ m, this means (Π, sN ) is not an m-stable mechanism, which contradicts the assumption
in the beginning of this proof.

6 Example Mechanisms from Literature

In this section, in order to show the usefulness of our definitions, we apply them to some example
problems from cloud computing and network security literature. For comparison and reference,
we also analyze them with the previous k-resiliency definition.

6.1 Example 1: Incentivized Outsourced Computation

We consider the setting provided in [4]. We briefly describe it as follows. The setting involves a
boss and, as players, n rational contractors. The boss has a costly algorithm, of which execution
she wants to outsource to the n contractors. Each contractor can choose either the diligent
strategy or the lazy strategy. The former means that it runs the correct algorithm whose cost is
denoted as cost(1). The latter means that it runs a less costly deterministic algorithm (called “q
algorithm”) which gives the correct output with probability q and has a cost denoted as cost(q).
Further, according to [4], the q algorithm run by all lazy players is assumed to be the same.
If all contractors return the same output, the boss just accepts it as the correct one and gives
the reward r to each of them. Otherwise, the diligent contractors execute a protocol with the
boss to catch the lazy ones. In this case, the diligent ones receive the reward r and a bounty
b. A share for the total bounties of the diligent contractors plus a fixed fine f is collected from
each contractor. Table 3 provides the resulting expected utility matrix. We note that for this
mechanism to be meaningful, it is necessary that cost(q) < cost(1) < r. [4] has shown that the
boss should set b > r/(1 − q) to have all diligent as the unique Nash equilibrium (without any
restriction on the fine f) if no coalition is allowed. While [4] suggests setting b ≈ r is sufficient for
practical purposes, our findings in Theorem 4 show that it is also optimal as b ≤ r(n−1)/(n−2)
guarantees security against large coalitions. Therefore, applying our definitions lead to better
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Others � This Diligent Lazy

All diligent r − cost(1) rq −
(
f + b(n− 1)

)
(1− q)− cost(q)

k lazy r + b(1− q)− cost(1) rq −
(
f + b(n−k−1)

k+1

)
(1− q)− cost(q)

All lazy r + b(1− q)− cost(1) r − cost(q)

Table (3) The expected utility of each contractor from choosing diligent or lazy with respect to
the other players’ chosen strategies (where 0 < k < n) in the outsourced computation mechanism
of [4].

understanding of the existing mechanisms not only from a theoretical viewpoint, but also with
practical importance in setting the system parameters.

This mechanism is a good example for the limitation of the previous k-resiliency definition,
and how it can mark as insecure a mechanism secure against large coalitions (i.e., up to one less
than all participants) by our definitions.

Theorem 3. The incentivized outsourced computation mechanism of [4] is not 2-resilient.

Proof. Let C be a coalition of two arbitrary players i and j. Let s′C be the strategy where i and
j play the lazy and the diligent strategies, respectively. The utility of j becomes Uj(s

′
C ∪s−C) =

r + b(1− q)− cost(1), which is greater than Uj(sN ) = r − cost(1).

Regarding our definitions, we only show that (n − 1)-stability of this mechanism, which
implies (n−1)-repellence. Further, by Theorem 2, for all ` ≤ n−1 it implies(`, n−`)-resistance.
The theorem given below concerns only mechanisms with size n > 2, since for n = 2 and
b > r/(1 − q), this outsourced computation mechanism is already 1-stable without any upper
bound for b (i.e., for each player, the diligent strategy has been shown as weakly dominant by
[4]).

Theorem 4. For n > 2, if the boss sets the reward and bounty as r(n− 1)/(n− 2) ≥ b >
r/(1− q), the incentivized outsourced computation mechanism of [4] is (n− 1)-stable.

Proof. Let C be a coalition of size |C| ≤ n−1. W.l.o.g, we need to show the all diligent strategy
sC is its weakly dominant strategy.

Case 1. Assume all the players outside C play diligent strategy. Let s−C denote their
strategy profile. Also, let sN = sC ∪ s−C . Then, UC(sN ) = |C| ·

(
r − cost(1)

)
. Let s′C be a

strategy profile for C s.t. k players in C play lazy. If the q algorithm returns the correct output
(i.e., with probability q), the coalition utility compared to honest strategy only changes due to
the decrease in the cost of the executed algorithm by the lazy players. More concretely, the
utility of the coalition becomes UC(s′C ∪ s−C) = UC(sN ) + k ·

(
r − cost(q)

)
− k ·

(
r − cost(1)

)
=

UC(sN ) + k ·
(
cost(1) − cost(q)

)
. If the q algorithm returns some incorrect output (i.e., with

probability 1−q), the coalition utility compared to honest strategy changes due to failed rewards
and paid fines by the lazy players, bounties paid to players outside of the coalition, and the
decrease in the cost of the executed algorithm. More concretely, the utility of the coalition
becomes UC(s′C ∪ s−C) = UC(sN )− kr− kf − b(n− |C|) + k ·

(
cost(1)− cost(q)

)
. We deduce the

expected utility of the coalition as UC(s′C ∪ s−C) = UC(sN ) + k ·
(
cost(1)− cost(q)

)
+ (1− q)

(
−

kr−kf−b(n−|C|)
)
. Then, we calculate k ·

(
cost(1)−cost(q)

)
+(1−q)

(
−kr−kf−b(n−|C|)

)
≤

kr + (1 − q)
(
− kr − kf − b(n − |C|)

)
≤ kr + (1 − q)

(
− kr − b(n − |C|)

)
≤ kb(1 − q) + (1 −

q)
(
− kr− b(n− |C|)

)
= −(1− q)kr+ b(1− q)(k− n+ |C|). Thus, for UC(s′C ∪ s−C) ≤ UC(sN ),

10
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−(1 − q)kr + b(1 − q)(k − n + |C|) ≤ 0 is sufficient, which can be converted to r ≥ b(k−n+|C|)
k .

As these inequalities need to hold for all k ≤ |C| and all |C| < n, we need to find the maximum
of the lower bound of r. For this purpose, we first set |C| = n− 1, which can be done, since for

any possible value of k, the value of |C| can be n − 1. Then we obtain r ≥ b(k−1)
k . Again, for

the maximum of the lower bound of r, we set k = n− 1, which can be done, since we have set
|C| = n− 1 and still have k ≤ |C|. At the end, we obtain the lower bound of r as r ≥ b(n−2)

n−1 , or

alternatively the upper bound of b as b ≤ r(n−1)
n−2 .

Case 2. Assume y > 0 and z > 0 players outside C play lazy and diligent strategies,
respectively, s.t. we have y + z + |C| = n. Let s′−C denote their strategy profile. Let s′C be a
strategy profile for C s.t. k players in C play lazy. If the q algorithm returns the correct output
(i.e., with probability q), the utility of the coalition change due to the decrease in the cost of
the executed algorithm by the lazy players in the coalition. More concretely, the utility of the
coalition becomes UC(s′C ∪s′−C) = UC(sC ∪s′−C)+k ·

(
cost(1)−cost(q)

)
. Note that no bounty is

received by any player, as the lazy outside the coalition also benefit from the correct output of
the q algorithm (as all the players assumed to be running the same deterministic q algorithm). If
the q algorithm returns some incorrect output (i.e., with probability 1− q), the coalition utility
changes due to receiving less bounties and rewards, fines paid by the lazy players, bounties paid
to the players outside of the coalition, and the decrease in the cost of the executed algorithm
by the lazy players. More concretely, the utility of the coalition becomes UC(s′C ∪ s′−C) =

UC(sC∪s′−C)−kb−kr−kf−bz · k
k+y+k ·

(
cost(1)−cost(q)

)
. We deduce the expected utility of the

coalition as UC(s′C∪s′−C) = UC(sC∪s′−C)−(1−q)
(
kb+kr+kf+bz · k

k+y

)
+k ·

(
cost(1)−cost(q)

)
.

Then, we calculate −(1−q)
(
kb+kr+kf+bz · k

k+y

)
+k ·

(
cost(1)−cost(q)

)
≤ −(1−q)

(
kb+kr+

kf+bz · k
k+y

)
+kr ≤ −(1−q)

(
kb+kr+kf+bz · k

k+y

)
+kb(1−q) = −(1−q)

(
kr+kf+bz · k

k+y

)
≤ 0.

For all k and |C| in the relevant range, we obtain UC(s′C ∪ s′−C) ≤ UC(sC ∪ s′−C). We stress that
the main difference from Case 1 occurs due to loss of the bounties by lazy when playing s′−C in
this case.

Case 3. Assume all the players outside C play lazy strategy. Let s′′−C denote their strategy
profile. We check the deviation strategies in two separate subcases below.

Let s′C be a strategy profile for C s.t. k < |C| players in C play lazy. If the q algorithm returns
the correct output (i.e., with probability q), the coalition utility changes due to the decrease
in the cost of the executed algorithm by the lazy players in the coalition. More concretely, the
utility of the coalition becomes UC(s′C ∪s′′−C) = UC(sC ∪s′′−C)+k ·

(
cost(1)−cost(q)

)
. Note that

no bounty is received by any player, as the lazy outside the coalition also benefit from the correct
output of the q algorithm (as all the players assumed to be running the same deterministic q
algorithm). If the q algorithm returns some incorrect output (i.e., with probability 1 − q), the
coalition utility changes due to receiving less bounties and rewards, fines and bounties paid by
the lazy players, and the decrease in the cost of the executed algorithm by the lazy players.
More concretely, the utility of the coalition becomes UC(s′C ∪ s′′−C) = UC(sC ∪ s′′−C) − kb −
kr − kf − (|C|−k)bk

|N−C|+k + k ·
(
cost(1) − cost(q)

)
. Hence, the expected utility of the coalition is

UC(s′C ∪ s′′−C) = UC(sC ∪ s′′−C)− (1− q)
(
kb+ kr+ kf + (|C|−k)bk

|N−C|+k

)
+ k ·

(
cost(1)− cost(q)

)
. We

calculate −(1−q)
(
kb+kr+kf+ (|C|−k)bk

|N−C|+k

)
+k ·

(
cost(1)−cost(q)

)
≤ −(1−q)(kb+kr+kf)+kr ≤

−(1− q)(kb+ kr+ kf) + kb(1− q) = −(1− q)(kr+ kf) ≤ 0. Therefore, for all k and |C| in the
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relevant range, we obtain UC(s′C ∪ s′′−C) ≤ UC(sC ∪ s′′−C).
Now, let s′C be a strategy profile for C s.t. all players in C play lazy. We use the coalition

utility UC(sN ) from all-diligent as reference to obtain UC(s′C ∪ s′′−C) = UC(sN ) + |C| ·
(
cost(1)−

cost(q)
)

= UC(sC∪s′′−C)−|C|b(1−q)+|C|·
(
cost(1)−cost(q)

)
. As cost(1)−cost(q) ≤ r ≤ b(1−q),

for all |C| in the relevant range, we have UC(s′C ∪ s′′−C) ≤ UC(sC ∪ s′′−C).

Theorem 5. The incentivized outsourced computation mechanism of [4] is (n− 1)-immune.

Proof. Since there exists at least one player acting honestly, the all lazy utility cannot be
achieved. If all the players act diligently, the utility of an honest player is r − cost(1). For
any other outcome, the utility of an honest player turns out r + b(1 − q) − cost(1), which is
greater than the former.

Remark 2. The incentivized outsourced computation mechanism of [4] analyzed above cannot
trivially be altered to satisfy k-resiliency by replacing the all diligent strategy utility (i.e., r −
cost(1)) with (r+ b(1− q)− cost(1)), since this means that the boss hands r+ b(1− q) as reward
to each contractor in case of consensus of the output. In turn, this would enforce the all lazy
utility to become r+b(1−q)−cost(q), providing another Nash equilibrium to the system, i.e., all
lazy. Yet, the proposed mechanism of [4] with setting r(n− 1)/(n− 2) ≥ b > r/(1− q) satisfies
our proposed definitions, and provides strong security against coalitions with up to n−1 rational
players.

6.2 Example 2: Forwarding Dilemma

We consider the “forwarding dilemma” introduced by [12] to model forwarding of a flooded
packet in a wireless ad hoc network. We briefly describe it as follows. In this game, players are
network nodes who has received the same flooded packet. Regarding this packet, each player has
two strategies: forward it or drop it. [12] shows that desirable strategies of this game are those
with one player that plays forward, while the rest plays drop. Here, the number of forwarding
players needs limiting to 1 in order to avoid excess bandwidth overhead.

There are two values that affect the utility of each player, namely the network gain factor
g and the forwarding cost c. The utilities of the players are defined according to her and other
players’ strategies as in Table 4. Obviously, c < g is required for incentivizing one forward and
the rest drop.

Others � This forward drop

All drop g − c 0

At least one forward g − c g

Table (4) The utility of each player from choosing forward or drop with respect to the other
players’ chosen strategies in the forwarding dilemma of [12].

In the beginning of each game a mediator assigns forwarding to one of the player and dropping
to the remaining players 1. According to [12], this strategy profile is a Nash equilibrium. Let

1In mechanism design, a mediator is generally used for coordination of players in playing an equilibrium, in
case there exist multiple equilibria. The mediator’s job is just to assign a strategy profile for all players in the
beginning of a game. We highlight that it is not an authority and that it cannot enforce any particular strategy
to any player. A mediator can even be implemented as a deterministic algorithm that is executed by each player

12
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N be the set of players with |N | = n and P be the player who is assigned forwarding by the
mediator.

We show that according to k-resiliency definition, this mechanism is not incentive compatible
even in the presence of coalitions with 2 players.

Theorem 6. The given mechanism of forwarding dilemma game is not 2-resilient.

Proof. Let C ⊆ N consist of P and another player, say P ′. If P drops and P ′ forwards, the
utility of P increases to g from g − c. Thus, this mechanism is not 2-resilient.

On the other hand, this mechanism is secure in the presence of a single coalition, according
to our `-repellent definition.

Theorem 7. The given mechanism of forwarding dilemma game is n-repellent.

Proof. We show that any coalition cannot receive more utility than the honest strategy. W.l.o.g,
let C ⊆ N be a coalition of size at most n. Assume players outside of the coalition follow
mediator.

Case 1. Assume P is not in C. Then since each player in the C already receives g, the payoff
of the coalition cannot increase by any change of the strategy of the coalition.

Case 2. Assume P is in C. If they follow the honest strategy, the payoff of the coalition is
|C| · g− c. If nobody in the coalition forwards, the payoff of the coalition is 0. If more than one
player in the coalition forwards, the payoff of the coalition is at most |C| · g − 2 · c. Thus, there
is no strategy for the coalition C such that the coalition receives greater payoff than the honest
strategy.

We again observe a good example mechanism that is marked completely insecure against a
coalition (not even 2-resilient) by the definition of [7]. However, by our `-repellence definition,
it is secure no matter what the size of the coalition is. For completeness, we also show that
unfortunately this game does not satisfy our other definitions and t-immunity.

Theorem 8. The given mechanism of forwarding dilemma game is not (1, 1)-resistant.

Proof. Let C be any coalition of size 1 and P /∈ C. Also, let T = (P ). If P deviates and chooses
to drop, then C receives 0 by following the mediator while its utility becomes g − c, when the
player in the coalition deviates and forwards.

Theorem 9. The given mechanism of forwarding dilemma game is not 1-immune.

Proof. If P deviates by dropping, then the utility of each player from the honest strategy de-
creases to 0.

Theorem 10. The given mechanism of forwarding dilemma game is not 1-stable.

Proof. As neither forwarding nor dropping is a weakly dominant strategy, clearly we do not have
1-stability in this game.

13
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(a) Initial graph H (b) Induced graph G

Figure (1) Graphs related to an instance of the strong connectivity game of [11]. The one
given in (a) defines the game, and the one given in (b) shows the induced graph if the players
A, B, C, and D choose radii 1, 2, 2, and 2, respectively.

6.3 Example 3: Strong Connectivity

We consider the “strong connectivity” game investigated by [11] for connectivity problems in
an ad hoc network where nodes are selfish. We summarize their results related to our work as
follows. They observe wireless networks with omni-directional antennas. The network topology
can be represented by an undirected, weighted, complete graph H(V,E′, w), where V denotes
the vertices with |V | = n, E′ denotes edges and w is a weight vector with we is weight of an
edge e ∈ E′.

The players in this game are the nodes of the graph H. Strategy of each player is choosing
a radius r. Radii choices of the nodes induce a directed, unweighted graph G(V,E) such that
e = (u, v) ∈ E if and only if ru ≥ we. We say that a node u can reach another node v, if there
exists a path between them in the induced graph. Then, the utility of a node v is defined as
−rαv if v can reach every other node for some constant distance power gradient α. If there is a
node that v cannot reach, its utility is −∞.

The main goal of the network designer here is strong connectivity, i.e. each node can reach
any other node. Here, we consider an instance of strong connectivity game with four nodes
A,B,C and D and the initial graph shown in Figure 1a. There exists a mediator who assigns a
radius to each player 2. Specifically, here it assigns radii (1, 2, 2, 2) to A,B,C,D. The induced
graph G for this game is given in Figure 1b.

Theorem 11. The given mechanism of strong connectivity game is not 2-resilient.

Proof. Consider the coalition C = (A,D). If this mechanism were 2-resilient, A choosing 1 and
D choosing 2 as radius would be a group best response. For this strategy, utility of D is −2α.
On the other hand, if D chooses 1 and A chooses 2 as radius, utility of D becomes −1α, which is

on some common input before the game starts. Regarding the forwarding dilemma, the algorithm may select one
of the players for forward strategy (e.g., a linear search for the player with the smallest address or id encoding).
Clearly, choice of the mediator and its existence does not affect our analysis and results.

2In line with the mediator of forwarding dilemma, here it can again be a trivial deterministic algorithm executed
by each player on some common input in the beginning.
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greater than −2α. Hence, the former group strategy is not a group best response. Consequently,
this mechanism is not 2-resilient.

Theorem 12. The given mechanism of strong connectivity game is 4-repellent.

Proof. Assume that this mechanism is not 4-repellent. Then, there exists a coalition C with
a size up to 4 s.t. there exists a strategy that makes the utility of C higher. We note that
in this mechanism, any node other than D cannot decrease her utility without losing its all
connections. Thus, D must be a part of the coalition, and must decrease her radius to 1. Note
that D cannot choose a radius lower than 1, since it would prevent her from connecting to any
other node. When D decreases her radius to 1, she can only connect to A. Thus, for them to
reach other nodes A must be a part of the coalition and it should change her strategy as well.
The only reasonable joint deviation is A choosing 2 and D choosing 1. However, for this deviation
the utility of the coalition does not change. By contradiction we have that this mechanism is
4-repellent.

Observe that this mechanism is not 2-resilient, yet it is repellent against even a coalition of
all the players. For completeness, we also analyze it with our other definitions and t-immunity.

Theorem 13. The given mechanism of strong connectivity game is not (1, 1)-resistant.

Proof. Let D be a Byzantine player and choose 1 as radius. Then, A cannot connect to B or C
by choosing radius 1, which results with a payoff −∞ for A. On the other hand, if A chooses 2
as radius, her payoff is −2α which is greater than −∞. As a coalition can consist of only A, this
mechanism is not (1, 1)-resistant.

Theorem 14. The given mechanism of strong connectivity game is not 1-immune.

Proof. Let D be an arbitrarily acting player. Let D choose 1 as radius. Then, A cannot connect
to B or C by choosing radius 1, which results with a payoff −∞ for A. Thus, this mechanism is
not t-immune for any t ≥ 1.

Theorem 15. The given mechanism of strong connectivity game is not 1-stable.

Proof. For each of the players A and D, there exists no weakly dominant strategy.

7 Conclusion

This paper paves the way toward incorporating multiple coalitions into game-theoretic defini-
tions to capture realistic scenarios in cloud, computer, and network security. Our definitions
are inspired by those of threshold cryptography, and hence enables security against rational
coalitions of m players each. We also show, in the paper, that previous definitions bridging
game theory and cryptography, specifically k-resiliency and (k, t)-robustness, are not immedi-
ately useful, or directly applicable to some applications in many scenarios. We then combine
transferable utility with threshold cryptography to achieve the desired novel definitions. Finally,
we show the applicability and usefulness of our novel definitions in three different games in the
area of cloud and network security. We hope that our definitions will help researchers design
their mechanisms practically, and show their security with ease and with easily understandable
goals.
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Designs and analyses of novel mechanisms from more diverse areas by using our definitions
seem as interesting research. These areas include (but not limited to) secure outsourced compu-
tation [51], secure multi-party computation (as in [7] or combination of game theory with known
secure protocols [52] for efficiency), more dependable and multi-party versions of private func-
tion evaluation [53, 54, 55], ad hoc network security [11, 12], Byzantine fault tolerant systems
[37, 56] where rational and collaborating processors are involved, blockchain mining (as in [57]),
and mining pool games (as in [58, 59]). We note that further definitions incorporating ours for
more specific or sophisticated use cases, such as modelling conflict of interests, are left as future
work as well.
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